Some properties of polynomially convex hulls of compact sets in C" are deduced by simple topological arguments applied to known topological facts about polynomially convex sets.
Introduction. It is well known that the polynomial convexity of a compact set in C" entails certain topological restrictions (see below). Thus, for example, a 2-sphere in C2 can never be polynomially convex and, consequently, the problem of describing the hull presents itself. In the case of a differentiable 2-sphere in C2, E. Bishop [1] has shown that the hull contains a family of analytic discs bounded by curves in the 2-sphere; in particular, the hull has topological dimension at least 3. The purpose of this note is to derive some properties of hulls by means of simple topological reasonings. We shall not produce analytic structure in the hull, but rather merely specify its extent. The first result generalizes the dimension increase known in the differentiable case. Theorem 1. Let XÇ C be compact and suppose Hk(X, C)j¿0for some k~2:n. Then the topological dimension of X\X is ^.k+l.
(Here X denotes the polynomially convex hull.)
In the case of a manifold further information is obtained : Theorem 2. Let Mç C" be a compact orientable topological k-manifold fork^n. Then (M\M)~^M.
We note that this is not a local result as M may well be locally polynomially convex near some point.
Let B be the open unit (Euclidean) ball in C" (n^.2).
Theorem 3. Let X be a compact subset of dB. Then X disconnects dB if and only if X disconnects B.
Demonstrations. The basic fact which we shall need from analysis is due to A. Browder [2] : (*) Hk(K, C)=0 for k^.n if K is a compact polynomially convex subset of C".
